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1. {2 diém) Cho ham sd y = ~——

41"

:? Khéao sat va vE dd thi {C) cla ham =6,
)

Tim trén tryc hodnh cde diém M i d6 ¢ thé ké duge hai tiép tuyén phan
bigt MA, MB t6i (C), trong d6 A, B la cac tiép didm. Trong truing hop ds,
hay vitt phuong trinh dudng thing nbi hai tidp difm.

(1 digm}) Gili phiong trink hrgng gidc  cos 2z — 3sinz + 4 = /3(3 cos z — sin 2x:).

zt + o = 4z 4 2y,

(1 digm) Gidi he phuong trinh trong tap 56 thige
'y — y = 6.
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{1 diém) Cho hinh chép S.ABCD c6 diy ABCD 14 binhk vudng canh a: hal mit
bén (5AH) va (SAD) cing vudng gdc vdi diy; hai mit bén (SBC) va (§DC) hgp
voi nhau mot ghe 60°. Goi K 1 hinh chifu clia A trén SB, hay tinh thé tich khbi
da ditn SAKCD vi khodng céch gitta hai duting thing AK, 5C.

(1 diém) Trong khong gian voi hé truc toa do Ozyz, xét cc mit ciu (&) ed tam [
thude miit phing (P) : z — y -+ 4 = 0 v& di qua hai didm A0, 0; 2), B(0; 2;0}; trong
chc mit cu d6, hay 18p phudng trinh mit cu cb ban kinh nhé nht.

{1 diém) Tmng miit phing vai he truc toa dé Ozy, cho tam gife ABC 6 t8m dudng
tron ngoai tiép E(1; 3), phudng trinh canh BC : ¢ —y + 1 = 0; phuong trinh dudng
phan giae trong AD : 22 — 4+ 7 = 0. Tim toa do dinh A,

(1 diém) '] it cic chit 56 1,2, 3.4,5,6 ¢6 the 1ap duge bao nhidu s8 ty nhién, méi &b
cé 6 chit 56 dai mdt khic nhau v thda mén didu kien trong mbi s6 dé tinh ti trai
sang phéi tdng ciia ba chit s6 d&u nhd hon tdng ciia ba chit s6 cubi mot don vi.

(I diém) Cho céc sé thic z,y, z thda man didn kitn 22 4 4% 4 22 = 1. Tim gi4 tri
nhd nhit cla bidu thic

=5 —dz+2/4 -z + 3+ 2).
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Cau 1.

Do vy, phudng trinh cia dwdng thing A5 la y= -

Can 2.

{’Jﬁy 3.

= U 4.

.a}_ Tdp xdce dinh B — {=1}. Dao bham ¢ =

DAP AN DE TOAN KHOI A (Dot 2)
W > 0 nén bam =5 déng bhién trén cfc
khoang (~oc; —1}; {—1; co).

Titm cin ditng, ngang: ¢ = -1,y = 1.

b} Goi M{e;0} € Ox. Tigp tuyén qua M, 6 hé s goc by = k(z —a). Dé tﬂ- M, ke dugc
hai tiép tuyén thi he phucng trivh sau phii ef 2 nghigm phan bigt khic -1

T -1
Sy -9 )
ror O

Thay (2) vio (1}, khai trifn v rit gen ta duge fz) =o? — 22+ 20— 1=0 (3). Khi
dé, ditn kign dé (3) cf hai nghigm phan bigt 7, 3s khic —1 (2, zy tudng fmg 1 hodnh
docicditm A, BB A =~20>0vh f(-1)=2+2a#0, thu duge o0 < 00 £ —1. Viy
cée difm M € Oz cin tim 14 cde didm thudce Oz, ¢6 hoanh do Am va khie ~1.

Tiép theo ta vift phudng trinh duiimg thing AB. Gid s Alzy, 1), Bz, y3). Thé thi

i" +:a =1,2. Nhung vi z; Ja nghiém cia (3) nén ta b the viét
§

Ui =

ﬂ.‘-i-—l—]-it—n{:ﬂ?.—ﬂmi—Fﬂﬂ-TI} 1
x; 41 i+a

(2:+6-2), viii=1,2.
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Viét lai phiong trinh dudi dang cos 2z + v/3sin 2z — 3(sinz + v3cosz) + 4 = 0. Chia cd
hai vé clia phitdng trinh cho 2, v viét lai phuong trinh dudi dang :

r:us(ﬂ:c—z} Ems( —#)—i—z"l]ha}' Emﬂﬂm(mn—%)uﬁms( :*T—;—)+1:ﬂ.
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Griad, ta duge
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(e -2+ (y—12 =5

2 gpy-1+ (- D-1)=5
a? 4+ 1P =5,
a4+ b4 ab=5

He d& cho eb thé viét lai duﬁl dﬁmg {

Do d6, néu dit o = 22 -2 b = y—1 thi ta dua hi trén vé he d6i xing loal 1 {

Gié,lhﬁtrénthuﬂwc:u""ﬂb"-lhayn—lb-.a Cée nghigm (z;y) tuong tng I

{(—2;2),(2:2), (—+/3; 3), (+/3; 3).
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Viéd lai tich phin da cho
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Cau 6.

Can 7.

Hai tam gific SAC vd OHC déng dang nén tir t{ 55 ddng dang suy ra S4 =

5.1, Tinh thd tich Ithdi 4z disn

Gol O = ACOBD, tam déy. Tt gia thidt suy va SA L (ABCD). Din dén BD | 54, mit
khic BD L AC nén BD | (SAC). Suy ra SC L BD. Do vEy néu ha OH vudng gic vii
SC (H € 5 thi mit phing (BHD) s vudng goc véi SC, nén ghe giita hat mit phing
(SBC) va (SDO) 1a goe gita has duiing thing BH vh DH. DB thiy, tam gide BHD ciin

tai H, tic tam gidc BOH, DOH vudng ted 0. Ta b bai kha ning

OB

a) BHD = 60°, thi BHO = 30°, din dén BH = = av/2, vo li ¥i tam gidc BHC
vudng tal H cf BC = a la canh huyén, . :
b) BHD = 12(P, tht BHO = §0°, din dén OH = ey ii};: Suy ra CH = F;;—E,

ACOH *

. ) HC
Diéu nay ciing cé nghia la tam gidc SAD vuong cin tai A, kéo théo K 13 trung difm cia
Bs : o |

: T K 1 .
Ta ¢b Vsarep = Vsapep — Ver.ac. Mit Jhéc, ta Jai cf Yakao B o- Buy ra

s g i : Vesac, BHS 2

Y. 1 v e S 3 o AR ‘_EL_

Verac = ;Vesac = 5-53.54.5pac = 35- Com Veapop = = @n Veaxcp =
5.2, Tinh kheanp cach
Gei M 15 trung didm clia BC thi KM || SC va KM = %g = E%-ﬁ, Suy ra d(AK,5C) =
&{C, (AKM)) = d(B, (AKM)) = SVexam Bling cong thitc t 86 thé tich, ta tich dige

SarM
uﬂ

Veram = EPVES#G T Hon nita do BC L AB,BC | S5A nén BC 1L (SAB), din

dén (SBC) 41 (SAB). Ma AK | S§B nén AK 1 (§BCQ), suy ra AK { KM hay néi
s [ R

cich khéc taim gisge AKM vung tai K, kéo theo Sapny = = f T diy, ta cd ngay
- ;
d{AK,5C) = %

Vi (5) di qua hai didm A, B nen tam T thudc mat phiag trung tryc cia AB:y—-2=10.
Suy ra I thudc giso tuyén cla (P) vh mit pbing trung trye, dfin dén toa 46 chia I cb dang
I{t;t + 4;¢ + 4). Suy ra bén kinh ciia (5) B R = T4 = 3t 1 192 + 20. Do vay, R nhé
nhit khi va chi khi ¢ = —2, khi dé 1(~2;2;2), B = 2+/2. Viy, phudng toiuh cia mit chu
(S R{z+2P+{y-2)+{z—2)7 =8 |
Goi A i trung trige ciia BC thi A di qua B vk vudng géc voi BC, din dén phudng trinh
cia Alaz+y—4=0 Goi F = ADNA thi P(—1;5) va d& thay F thutc dudng trom ngoad
tifp tam gitc ABC. Suy 13, phudag trinh cla dung tron ngosi tiép tam glac ABC 1a
(z=1)*+{y—3)* = 8. Toa dp A Ia nghiBm cfia hi phuong trink il j P

. (z—1)%+(y—3)*=8
9 17

.. Giai b8 nay ta suy ra tga df A-I(—-—' —). iAF#EL

Cau 8,

Cau L.

)
5 b

(e 56 tir nhign gdm 6 chir s§ khac phan o6 dang Giaadstiasas, tropg 46 o; € {1;2;3;4;5:6},
a; 3 dj, thoa min didu kign a) +ag+-a3 = as+astas— 1L Viap +aptag+ag-Fag+ag =21
nén @y -+ as + oz = 10 Vi 10 chi c6 cde bifn didn gan 10 =1+3+6=14+4+5=2+3+5
nén 50 cdc sb cin tim 13 3.31.3! = 108 sb.

Vit lai bidu thitc 5 dwdi dang
=l A+ AP+ P ) + 2/ Pt 22 2z ty+2)+3
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T¢d5,5=2(\/(:¢-—§) +y2+32+\f{l—m}3+{lﬂy}2+{1—z]2)."ﬂ'nngi{hﬁng .

gian vl hé trye Oxyz, 6t cde vector o = (u: — %; i z) v ={l—zl—g1- z} thi
8 =2{{d}+ 7). Ap dung bt ding thic ||+ |¥| = |3 + 7|, tasuy ra S > 3. Déu
44 «.ﬁ Eﬁii_ ST 1

béng %y ra ching han khi (2:1; 2) = - : -

Gia tri nhid nhifit cia 5 14 3.




